The grey water footprint theory was introduced into a fractional programming model to alleviate non-point source pollution and increase water-use efficiency through the adjustment of crop planting structure. The interval programming method was also incorporated within the developed framework to handle parametric uncertainties. The objective function of the model was the ratio of economic benefits to grey water footprints from crop production, and the constraints contained water availability constraints, food security constraints, planting area constraints, grey water footprint constraints and non-negative constraints. The model was applied to the Hetao Irrigation District of China. It was found that, based on the data in the year of 2016, the optimal planting plans generated from the developed model would reduce 34,400 m 3 of grey water footprints for every 100 million Yuan gained from crops. Under the optimal planting structure, the total grey water footprints would be reduced by 21.9 million m 3 , the total economic benefits from crops would be increased by 1.138 billion Yuan, and the irrigation water would be saved by 44 million m 3 . The optimal results could provide decision-makers with agricultural water use plans with reduced negative impacts on the environment and enhanced economic benefits from crops.
Introduction
As populations expand, economies grow and dietary preferences change, the demand for agricultural production is expected to rise in the future [1, 2] . For the countries that lack water and land resources, the use of agrochemicals, such as chemical fertilizers and pesticides, has been intensified to squeeze more food out of the land [3, 4] . However, the leaching of agrochemicals may cause the pollution of surface and ground water [5, 6] . Minimizing the pollution caused by cultivation activities while ensuring food production has become a pressing issue. Optimizing the planting structure (planting areas of different crops) could be an effective way to reduce the negative impacts of crop production on the environment and promote an efficient and sustainable use of water resources in agriculture.
Complexities of Agricultural Water Management Problems
The parameters in agricultural systems and their interrelationships are uncertain which can be reflected in many aspects of hydrology, economy and technology. Uncertainty increases the complexity of the optimization process. Ignoring these uncertainties may lead to large errors and even erroneous decisions [29] . Therefore, it is important to consider these uncertainties into the process of building the model, which can make the model closely reflect real-world problems.
Agrochemical transfer process is illustrated in Figure 1 . Agrochemicals applied in farmland soil are partially absorbed or utilized during crop growth, some of which remain in the soil. In addition, some agrochemicals are inevitably lost due to leakage, volatilization, denitrification and runoff [30] . The loss of agrochemicals will leach deep into the soil, enter the groundwater with irrigation or rainfall, or be discharged into the water body through farmland runoff. For arid or semi-arid areas with features of drought, pollutants are mainly lost through leaching. The leaching of pollutants in the soil requires two conditions, namely the accumulation of contaminant [31] and the matter flow mediated downward movement of pollutants [32] . Due to the small rainfall in arid or semi-arid areas, the irrigation processes become the main driving factor for contaminant leaching to the deep layer of the soil and entering the groundwater. The leaching of agrochemicals not only causes the pollution of surrounding environment, but also exacerbates the eutrophication of water bodies.
Pollutant discharges in different types of farmlands, different geographical regions and different periods vary. Considering the large area of the agricultural system, the dilution of pollutants in different planting areas is actually completed by different water bodies. The contaminants caused by agricultural production in a certain area may discharge to near and distant waterbody because of the fluidity of water and human impact [33] . The composition of non-point source pollutants is complex, and the same water can dilute component 1, component 2, and component 3, which is shown in Figure 1 . Grey water footprint is determined by the pollutant that requires the most dilution [34] . There is a great deal of uncertainties in the grey water footprints from crop production.
Taking nitrate, which is the most common and widespread contaminant in groundwater, as an example. Having a thorough understanding of the interactive processes within the nitrogen migration is important for decision making [35] . A previous study has shown that nitrogen loss through leaching is mainly nitrate nitrogen [30] . Due to the different application and utilization rates of nitrogen fertilizer, the mediated downward movement of nitrogen in different types of farmland soils varies [36] . Hu et al. found that the leached nitrogen content was positively correlated with the amount of irrigation water in the dry land [37] . Therefore, there are spatial differences in leaching processes, which need to be considered separately for different crops and different geographical regions. In addition, there are still temporal uncertainties in the leaching of nitrogen. Experimental results of Ou et al. indicated that the nitrogen leaching in the field during the autumn irrigation period played a decisive role [38] . During summer irrigation, as the temperature is high, the microbial activity is strong and the denitrification reaction is easy to occur, nitrate nitrogen is first converted into NO 2 and N 2 and then released to the atmosphere. Moreover, summer irrigation happens in the growth stage of crops when transpiration is strong, it has an impeding effect on the matter flow mediated downward movement of nitrogen. The matter flow mediated downward movement of nitrogen during summer irrigation is not obvious, which mainly occurs in the surface of soil rather than the groundwater. It could be seen that the leaching of nitrogen has both spatial and temporal variations. 
Methodology

Interval Grey Water Footprints Estimation Method
Uncertainties existing in the processes of pollutant migration and transformation could result in uncertainties in grey water footprints. The uncertainties could be handled by interval programming [39, 40] , fuzzy programming [20, 41, 42] and stochastic programming [43, 44] methods, according to the formats in which uncertainties are expressed. Solving exact models is relatively easy because the parameters are deterministic. For inexact models, the values of parameters are uncertain. Usually, distribution information or membership functions of parameters are difficult to obtain; on the contrary, the lower and upper bounds of uncertain parameters can be easily obtained [45] . Interval mathematical method is capable of handling input uncertainty expressed as interval parameters. An interval parameter ± a does not require distributional information, and can be expressed as
a a , where − a and + a represent the lower and upper bound, respectively [46] . Therefore, an interval grey water footprints estimation method is developed in this study, which is based on the grey water footprint method proposed by Hoekstra et al [22, 33] . The total grey water footprint ± G is summed by the grey water footprint related to each water body:
(1) where j Wg ± is grey water footprint of the j-th water body.
(2)
Pl is the discharge of pollutant into the j-th water body; ± − max j C is the maximum concentration of pollutant in the j-th water body allowed by the water quality standard; ± − j net C is the initial concentration of pollutant in the j-th water; ± TPl is the total discharge of pollutant; ± j λ is the proportional coefficient of the pollutant discharged into the j-th water body; and ± i μ is the leaching rate of the pollutant. 
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Interval Grey Water Footprints Estimation Method
Uncertainties existing in the processes of pollutant migration and transformation could result in uncertainties in grey water footprints.
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The total grey water footprint G ± is summed by the grey water footprint related to each water body:
where Wg ± j is grey water footprint of the j-th water body.
where Pl ± j is the discharge of pollutant into the j-th water body; C ± j−max is the maximum concentration of pollutant in the j-th water body allowed by the water quality standard; C ± j−net is the initial concentration of pollutant in the j-th water; TPl ± is the total discharge of pollutant; λ ± j is the proportional coefficient of the pollutant discharged into the j-th water body; and µ ± i is the leaching rate of the pollutant. 
Agricultural Water Management Model Based on Grey Water Footprints
This paper establishes an agricultural water management model based on grey water footprints to deal with the optimization of ratio and uncertainties in pollutant migration and transformation. The model is based on the grey water footprint theory, taking into account both the economic benefits and the grey water footprints resulting from the loss of agrochemicals associated with the crop growth period and the end of the growing season. The optimized results could maximize the economic benefits from a unit grey water footprint during crop production and reasonably determine the areas of crops in different regions.
The model consists of five equations: objective function equation, water availability constraints, food security constraints, planting area constraints, grey water footprint constraints, and non-negative constraints. The following is a detailed description of the model formulation.
Objective Function
where f is the economic benefits obtained from the unit grey water footprint value of crop production, Yuan/m 3 ; f 1 is the sum of the economic benefits obtained from the production of various crops in different regions, Yuan; f 2 is the grey water footprints caused by agrochemical leaching, m 3 ; i means different areas in agricultural system; j represents main crops in agricultural systems; Q ± aij is the amount of agrochemical leaching from different types of soil in different regions during period a, kg/hm 2 ; S ± ij is the planting area of different crops, hm 2 ; C m is the maximum concentration of pollutants allowed in the environment, kg/m 3 ; C ± ai is the original concentration of agrochemical in groundwater in different regions during period a, kg/m 3 ; Q ± bij is the amount of agrochemical leaching from different types of soil in different regions during period b, kg/hm 2 ; C ± bi is the original concentration of agrochemical in groundwater in different regions during period b, kg/m 3 ; Y ± ij is the productivity of the j-th crop in the i-th region, kg/hm 2 ; P ± j represents the unit price of the j-th crop, Yuan/kg; C ± j represents the cost of planting the j-th crop per unit area, Yuan/hm 2 ; (Y ± ij ·P ± j − C ± j ) represents the profit value obtained from the planting area of the j-th crop unit in the i-th region, Yuan/hm 2 ; E ± is the unit price of nitrogen supplemented to the soil after nitrogen leaching, Yuan/kg; and F ± represents the cost of processing the unit input of nitrogen discharged into the water body, Yuan/kg.
The objective of this model is the ratio of economic benefits to negative impacts on the environment. The numerator represents the sum of the economic benefits produced by cropping, and the denominator represents the sum of the grey water footprints caused by nitrogen leaching during crop production. The goal of the model is to seek optimal crop planting structures through a balance of economic benefits and negative impacts on the environment.
Water Availability Constraints
For each region, it must be ensured that the water demand for crop production does not exceed the amount of water available. Water availability constraints are represented by Equation (5) . where M ± j is the irrigation quota of the j-th crop, m 3 /hm 2 ; N ± i is the agricultural available water in the i-th region, m 3 ; and ρ ± is the irrigation water utilization coefficient.
Food Security Constraints
In order to ensure that the demand for food production is met, it is necessary to limit that the outputs of various crops are no less than the minimum social demands. Food security constraints are represented by Equation (6).
where D ± j is the minimum social demand for the j-th crop, kg.
Planting Area Constraints
It is necessary to ensure the optimal crop planting area should be not exceed the total available area. The constraints are represented by Equation (7).
The area that can be provided for a particular crop depends on the area that is currently present. The constraints ensure that the optimized area is suitable for crop growth, that is, it can meet the soil and climatic conditions required for crop growth. The available planting area is the sum of the original crop planting areas, and the original planting area of each crop is expressed by parameter S ± oij . It should be noted that S ± oij and S ± ij is different and should not be confused. In addition, considering the production safety of different crops, the change of planting area of each crop should be within a certain range, expressed by Formula (8) .
where S ± olij and S ± ohij indicate the lower and upper bounds of the planting area of the j-th crop in the i-th region, respectively.
Grey Water Footprint Constraints
Grey water footprint caused by crop production should be no more than the current footprints prior to optimization to avoid the overly serious impact of the optimized results on the environment. The constraints are represented by Equation (9).
Non-Negative Constraints
Crop planting areas cannot take negative values, which can be expressed as follows:
Sustainability 2019, 11, 5567 7 of 18
Solution Method
The agricultural water management model based on grey water footprints is solved by LINGO software [47] . LINGO is a comprehensive tool designed to make building and solving linear and nonlinear optimization models. LINGO provides a completely integrated package that includes a language for expressing optimization models, an environment for building and editing problems, and a set of built-in solvers. We built and solved the model in the modeling environment LINGO provided. And the study used callable OLE interfaces in LINGO.
The model can be solved based on the solution methods for interval fractional models [17, 19, 45] . The objective function can be transferred into sub model f + and sub model f − . Sub model f − is as follows:
From sub model f − , we can obtain the optimal solutions as S − jopt ( j = 1, . . . , k) and S + jopt ( j = k + 1, . . . , n). Sub model f + incorporating interactions between the two sub models is then formulated as follows:
From the sub model corresponding to f + , we can obtain the optimal solutions as S − jopt ( j = k + 1, . . . , n) and S + jopt ( j = 1, . . . , k). At this point, the entire solution S=[S -,S + ] of the model can be obtained through combing the solutions from sub model f − and f + , the technical framework for the developed model and its solution method is illustrated in Figure 2 . 
Technical framework of the developed model.
Application
Overview of the Study System
The study area is shown in Figure 3 . The Hetao Irrigation District is the largest gravity irrigation area in Asia. Part of the Hetao Irrigation District which is located within Bayannaoer City (40 • 13 ~42 • 28 N and 105 • 12 ~109 • 53 E) on the northern border of China is considered in this study. Study area is divided into 7 regions according to administrative divisions of Bayannaoer City, which consists of Dengkou County, Hanghou Banner, Linhe District, Wuyuan County, Urad Front Banner, Urad Middle Banner, and Urad Rear Banner. The total land area of the Hetao Irrigation District is 11,900 km 2 and the irrigated area is 7300 km 2 . The main crops are wheat, corn, sunflower and so on. Cash crops include tomato, watermelon, etc. The climate in the Hetao Irrigation District is arid. The rainfall is about 150mm, whereas the evaporation is about 2200 mm per year. Agricultural production must depend on irrigation. Wuliangsuhai is a freshwater lake located in Urad Front Banner with an area of 300 km 2 .
There are many problems associated with the agricultural production in the Hetao Irrigation District. Agricultural water use is inefficient. As China's main grain production base, the intensive application of chemical fertilizers has serious impacts on the environment [36] . In particular, nitrogen is the most widely applied fertilizer in the Hetao Irrigation District, but the nutrient utilization efficiency is only 30% [48] . During summer and autumn irrigation activities, nitrate in the soil leaches deep into the groundwater. Nitrogen leaching not only causes the loss of nitrogen nutrients in the soil, but also exacerbates water pollution. The return water from farmland containing a large amount of pollutants from Hetao Irrigation District enters into the Wuliangsuhai lake, which intensifies the eutrophication of the lake. Decision-makers need to address the problems of non-point source pollution and unreasonable water resource use at the same time. It is urgent to mitigate the negative environmental impacts from agricultural irrigation in the Hetao Irrigation District through formulating a scientific and rational water and soil resource use system. area in Asia. Part of the Hetao Irrigation District which is located within Bayannaoer City (40°13'~42°28' N and 105°12'~109°53' E) on the northern border of China is considered in this study. Study area is divided into 7 regions according to administrative divisions of Bayannaoer City, which consists of Dengkou County, Hanghou Banner, Linhe District, Wuyuan County, Urad Front Banner, Urad Middle Banner, and Urad Rear Banner. The total land area of the Hetao Irrigation District is 11,900 km 2 and the irrigated area is 7300 km 2 . The main crops are wheat, corn, sunflower and so on. Cash crops include tomato, watermelon, etc. The climate in the Hetao Irrigation District is arid. The rainfall is about 150mm, whereas the evaporation is about 2200 mm per year. Agricultural production must depend on irrigation. Wuliangsuhai is a freshwater lake located in Urad Front Banner with an area of 300 km 2 .
There are many problems associated with the agricultural production in the Hetao Irrigation District. Agricultural water use is inefficient. As China's main grain production base, the intensive application of chemical fertilizers has serious impacts on the environment [36] . In particular, nitrogen is the most widely applied fertilizer in the Hetao Irrigation District, but the nutrient utilization efficiency is only 30% [48] . During summer and autumn irrigation activities, nitrate in the soil leaches deep into the groundwater. Nitrogen leaching not only causes the loss of nitrogen nutrients in the soil, but also exacerbates water pollution. The return water from farmland containing a large amount of pollutants from Hetao Irrigation District enters into the Wuliangsuhai lake, which intensifies the eutrophication of the lake. Decision-makers need to address the problems of non-point source pollution and unreasonable water resource use at the same time. It is urgent to mitigate the negative environmental impacts from agricultural irrigation in the Hetao Irrigation District through formulating a scientific and rational water and soil resource use system. 
Data Collection and Treatment
Data collection involved in objective function is as follows. Data on planting areas and crop yields were obtained from the Bayannaoer Statistical Yearbook and Bayannaoer Agriculture and Animal Husbandry Bureau. The prices of crops were quoted from the China Agricultural Information Network [49] . The unit costs for cultivating various crops and the unit prices of nitrogen fertilizers applied to farmlands in the study area were quoted from the National Agricultural Products Cost-benefit Data Collection. 
Data collection involved in objective function is as follows. Data on planting areas and crop yields were obtained from the Bayannaoer Statistical Yearbook and Bayannaoer Agriculture and Animal Husbandry Bureau. The prices of crops were quoted from the China Agricultural Information Network [49] . The unit costs for cultivating various crops and the unit prices of nitrogen fertilizers applied to farmlands in the study area were quoted from the National Agricultural Products Cost-benefit Data Collection.
The amounts of nitrogen leached during the summer and fall irrigations in different counties are shown in Table 1 . Nitrogen loss during autumn irrigation of different crops in Hanghou was based on the study of Feng et al. [36] , nitrogen loss in wheat fields was relatively high than other fields, and nitrogen loss in other fields was similar. Hu et al. [37] found that nitrogen loss is positively associated with irrigation water volume. Therefore, we made assumptions of nitrogen loss in other counties based on the study of Hu et al. [37] and the irrigation water volume of other counties. Ou et al. [38] indicated that the nitrogen loss during the autumn irrigation period was much more than summer irrigation. Therefore, we also made assumptions of nitrogen loss based on the irrigation water volume. Original nitrate nitrogen concentrations were based on the observations by Ou et al. [38] and Chang et al. [50] , which is shown in Table 1 . Data treatment involved in objective function is as follows. Surface Water Environmental Quality Standard ( GB3838-2002) [51] stipulates that the upper limit of total nitrogen in Class IV water is 1.5 mg/L; Groundwater Quality Standard (GB/T14848-93) [52] regulates that the upper limit of ammonia nitrogen is 0.5mg/L in Class IV water. Normally, the salinity of irrigation water should not be more than 1.7 g/L [53] . According to the concept of grey water footprint, the maximum concentration of nitrogen C max among standards mentioned before should be taken, that is 1.7g/L. The nitrate nitrogen leaches into the groundwater and enters the surface water, so water purification treatment of surface water is required. Wastewater treatment techniques in the study area are relatively not advanced at present. The study used the nitrate nitrogen treatment method by aluminum powder according to Li et al [54] . The reaction equation is 2Al
the removal rate is 75%, and the aluminum powder required for treating nitrate is calculated to be 2.9 kg/kg. Pump-and-treat (PAT) systems are commonly selected for remediation of groundwater [55] , and the remediation rate is 50% considering the current remediation ability in the Hetao Irrigation District. One point forty-five kg of aluminum powder is required to remove 1 kg of nitrate. According to the data from the Global Mineral Resources Network [56] , the price of aluminum powder is 14Yuan/kg. The unit price of removing 1 kg of nitrate is 20.3 Yuan/kg. Data collection and treatment involved in constraints are as follows. The irrigation quota for different crops came from Inner Mongolia Autonomous Region Industry Water Rating Standard. The irrigation water utilization coefficient was obtained from the Hetao Irrigation District Administration. The amount of water available for agriculture in different subareas came from the Bayannaoer Statistical Yearbook. The minimum per capita food demand was 450 kg per year, the per capita annual minimum demand for wheat is 250 kg, and the per capita annual minimum requirement for corn is 150 kg. As local wheat production could not be self-sufficient, wheat imported from foreign countries were set to be no more than 30% of the total wheat demand for the sake of food security and social stability [57] . The yield of sunflower, tomato, and watermelon should be more than the minimum yield in 20 years. To avoid the situation that the planting areas after optimization of some crops are too high to satisfy land conditions and consumer demand, or too low to meet the demand, crop planting areas were set to change within 20% of the original areas.
All of the data were based on the year of 2016.
Model Applicability
As a major grain base in China, there were many water-related problems associated with the Hetao Irrigation District, such as agricultural non-point source pollution, arid climate and low nutrient/water use efficiency. The objective function involved both the economic benefit and grey water footprint to achieve a relatively higher income target under a lower grey water footprint. Moreover, the model considered many constraints to reflect real-world problems. Water availability constraints ensured that the water demand for crop production would not exceed the amount of water available, which is crucial to arid regions. Food security constraints could guarantee the production demand. Planting area constraints could meet the soil and climatic conditions required for crop growth. Grey water footprint constraints ensured that the pollution problems caused by crop production would not be worsen. Therefore, the objective and constraints matched real-world problems in the study area.
Results Analyses and Discussions
Result Analyses
Decisions for the Entire Study Area
The optimized planting structure, grey water footprint and economic benefit value could be obtained by solving the model. The amount of irrigation water before and after optimization can be compared. Objective function, total grey water footprint, economic benefit, and irrigation water volume in the Hetao Irrigation District before and after optimization are shown in Table 2 . According to the mean value of the upper and lower limits of the interval before and after optimization, compared with the situation before optimization, the total grey water footprints of the crops in the Hetao Irrigation District would be reduced by 2.19 × 10 6 m 3 , and the sum of the economic benefits of various crops would be increased by 1.138 × 10 9 Yuan. The optimized irrigation water volume is reduced by 44 × 10 6 m 3 . The value of the objective function is increased by 100.129, that is, the grey water footprints generated for every billion Yuan of benefit could be reduced by 34,400 m 3 . According to the crop output value of 12.8 × 10 9 Yuan, the total reduction of grey water is 4.40 × 10 6 m 3 in 2016, accounting for 8.80% of the total grey water (50 × 10 6 m 3 ) in the Hetao Irrigation District. It can be seen that only by adjusting the planting structure, the economic benefits of crops are increased, and the negative effects on the environment during crop production are reduced, while the amount of irrigation water in the Hetao Irrigation District is saved. It has a good improvement effect on the current situation of small precipitation, climate drought, and serious non-point source pollution in Hetao Irrigation District and has positive guiding significance for grain production. Planting structures before and after optimization are shown in Table 3 . According to the optimization results, to make the grey water footprint brought by the unit economic benefit of crop production minimum, it is necessary to reduce the planting area of wheat and increase the planting area of corn, sunflower, tomato, and watermelon. Because the intensity of nitrogen leaching in wheat is relatively large, the reduction in the planting area of wheat is relatively large. The planting area of corn and sunflower could be moderately increased on the basis of the current situation, and the planting area of economic crops, such as tomato and watermelon, could be greatly increased. Comparison of overall situation of Hetao Irrigation District before and after optimization is shown in Figure 4 . 
Decisions by Subareas
In Dengkou, it is necessary to reduce the planting area of wheat, corn and sunflower, and increase the planting area of tomato and watermelon. Hanghou needs to reduce the proportion of planting area of wheat and corn and increase the proportion of planting area of economic crops like sunflower, tomato, and watermelon. In Linhe, it is necessary to reduce the planting area of wheat and increase the planting area of other crops. Wuyuan needs to reduce the proportion of planting area of wheat and corn and increase the proportion of planting area of economic crops, such as sunflower, tomato, and watermelon. Urad Front Banner needs to reduce the planting area of wheat, corn, and sunflower, and increase the planting area of other crops. Urad Middle Banner needs to reduce the proportion of wheat and sunflower planting area and increase the proportion of corn, tomato and watermelon planting area. Urad Rear Banner needs to reduce the area planted with wheat and increase the area planted by other crops. Adjustment of planting structure in each region of Hetao Irrigation District is shown in Figure 5 . In Dengkou, it is necessary to reduce the planting area of wheat, corn and sunflower, and increase the planting area of tomato and watermelon. Hanghou needs to reduce the proportion of planting area of wheat and corn and increase the proportion of planting area of economic crops like sunflower, tomato, and watermelon. In Linhe, it is necessary to reduce the planting area of wheat and increase the planting area of other crops. Wuyuan needs to reduce the proportion of planting area of wheat and corn and increase the proportion of planting area of economic crops, such as sunflower, tomato, and watermelon. Urad Front Banner needs to reduce the planting area of wheat, corn, and sunflower, and increase the planting area of other crops. Urad Middle Banner needs to reduce the proportion of wheat and sunflower planting area and increase the proportion of corn, tomato and watermelon planting area. Urad Rear Banner needs to reduce the area planted with wheat and increase the area planted by other crops. Adjustment of planting structure in each region of Hetao Irrigation District is shown in Figure 5 . 
Decisions by Crops
Because the intensity of nitrogen leaching from wheat is relatively large, the planting area in each county has declined under condition of meeting the demand. The corn planting area of Linhe, Urad Front Banner and Urad Rear Banner can be increased at the current level, and other counties should be reduced. According to the optimization results, the planting proportion of sunflower in 
Because the intensity of nitrogen leaching from wheat is relatively large, the planting area in each county has declined under condition of meeting the demand. The corn planting area of Linhe, Urad Front Banner and Urad Rear Banner can be increased at the current level, and other counties should be reduced. According to the optimization results, the planting proportion of sunflower in Hanghou, Wuyuan, and Urad Rear Banner should be increased, and the planting proportion of sunflower in other counties should be reduced. Due to the relatively small intensity of leaching nitrogen, and the small proportion in the planting area of five crops, as an economic crop, the planting area of tomato in each county has increased. The situation of watermelon is similar to that of tomato, and the area planted in each county has increased. Planting structure adjustment for different crops is shown in Figure 6 . 
Discussions
For the entire Hetao Irrigation District, the optimized wheat planting area decreased, and the planting areas of corn, sunflower, tomato, and watermelon increased. The grey water footprint of 6 3 
Discussion
For the entire Hetao Irrigation District, the optimized wheat planting area decreased, and the planting areas of corn, sunflower, tomato, and watermelon increased. The grey water footprint of wheat production in seven counties of the Hetao Irrigation District decreased by 2.52 × 10 6 m 3 , whereas those of corn, sunflower, tomato, and watermelon production increased by 49.8, 192.7, 68 .8, and 28.5 × 10 3 m 3 , respectively. The economic benefit loss due to the reduction of wheat planting area was 116 million Yuan, while the economic benefits of corn, sunflower, tomato, and watermelon increased by 123, 309, 709 and 111 million Yuan, respectively. The total water requirement of wheat in the Hetao Irrigation District decreased by 91.6 × 10 6 m 3 , and the irrigation water of corn, sunflower, tomato, and watermelon increased by 19.27, 20.29, 5 .82, and 2.19 × 10 6 m 3 , respectively. It is not difficult to see that the grey water footprint generated by the production of wheat is relatively large, that is, the negative impact on the environment is serious, and the net benefit of crop production is not significant. The grey water footprints generated from economic crops, such as sunflower, tomato, and watermelon are small, but the economic benefits are high, and the water consumption is less. Therefore, under the premise of ensuring demand, appropriately reducing the proportion of wheat and increasing the proportion of economic crops, such as sunflower, will have a positive impact on both economic benefits and environmental soundness. The economic benefits of crops in Dengkou County have declined, economic compensation policies should thus be adopted there. With the aid of the developed model, decision makers can rationally use agricultural water and soil resources with reference to the optimal planting structure, leading to enhanced efficiency of the entire production system through generating the most possible economic benefits with the least possible negative impacts on the environment.
Conclusions
In this paper, an agricultural water management model based on grey water footprint was established to deal with the optimization of ratio and uncertainty in pollutant migration and transformation. The model used the interval programming method to tackle uncertain factors associated with hydrology, economics, and technologies. It also included the grey water footprint theory to measure the negative effects of nitrogen leaching during crop production on the ecological environment. The model was applied in the Hetao Irrigation District. Compared with the current planting area, the optimized results showed that the economic benefits from a unit grey water footprint reached maximum which meant the whole system was most efficient. Thirty-four thousand and four hundred m 3 grey water would be reduced for every 100 million Yuan of economic benefit. Through adjusting the planting structure, the economic benefits of crops could be increased, whereas the negative effects on the environment during crop production and the consumption of irrigation water could be reduced. Compared to the single-objective model, which only took economic benefit into account, the interval fractional model that compromised more factors would merely moderately reduce the economic benefit. At the same time, as the efficiency of the system associated with the interval fractional model was greater, it could create more economic benefits with the same cost of eco-environmental impairments. The model could provide a decision support tool for the optimization of planting structure and agricultural water use in Hetao and other similar irrigation areas.
In the future, the model can be improved through enhancing the comprehensiveness of constraints. In addition, the quality of data can be consistently improved through more advanced data acquisition techniques and software. Besides, more contaminants and the migration and transformation of contaminants among different water bodies can be involved in the determination of the grey water footprint.
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